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Abstract

It is widely accepted that knowledge is necessary for proper assertion. More contro-

versial is the thesis that omega-knowledge—infinitely higher-order knowledge—is nec-

essary for proper assertion. Proponents of the “KK” principle take the former thesis to

entail the latter, since they take knowledge to entail omega-knowledge. But in Iter-

ated Knowledge, Simon Goldstein both argues against the KK principle and in favor of

the thesis that omega-knowledge is necessary for proper assertion. This paper argues

that reflection on some independently plausible principles about the relationship be-

tween knowledge, assertion, and vagueness shows that Goldstein and the proponents

of KK are both mistaken. First: if (as is widely accepted) vagueness is a barrier to

knowledge, then one can’t omega-know that it’s vague what one omega-knows. But

if omega-knowledge is plentiful, then it’s clearly assertable (and thus knowable) that

sometimes it’s vague what one omega-knows. So if vagueness is a barrier to knowl-

edge, then omega-knowledge can’t be necessary for proper assertion, and knowledge

can’t entail omega-knowledge. Second: even if vagueness isn’t a barrier to knowledge,

it’s a barrier to proper assertion. But this presents a dilemma for Goldstein: either be-

ing in a position to assert something entails being in a position to assert that one is in

a position to assert it, or it doesn’t. If it does, then one can’t assert that it’s sometimes

vague what one is in a position to assert. But that looks like a problem, because it seems

clear that one can assert that sometimes it’s vague what one is in a position to assert.

But if being in a position to assert something doesn’t entail being in a position to assert

that one is in a position to assert it, then the principle that assertion requires omega-

knowledge fails to do the explanatory work Goldstein needs it to do. Either way, we

should reject arguments for omega-knowledge anti-skepticism grounded in judgments

about proper assertion.

1 Introduction

Omega-knowledge is infinitely higher-order knowledge. If one omega-knows p, then one

knows p, knows that one knows p, knows that one knows that one knows p, and so on ad

infinitum. What, if anything, do we omega-know?

*Thanks to Kyle Blumberg, Simon Goldstein, Jeremy Goodman, and Jacob Nebel for helpful comments. And
thanks to Andrew Bacon for writing ‘Vagueness at Every Order’ (2020), which deeply influenced my thinking
about these matters.
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According to the omega-knowledge skeptic, the answer is: very little. Perhaps certain

special domains lend themselves to omega-knowledge: logic, mathematics, conceptual

matters, the cogito, and so on. But that’s trivial omega-knowledge. Non-trivial omega-

knowledge is where the action is—that is: omega-knowledge of ordinary, contingent propo-

sitions, like those we come to know on the basis of perception and testimony. And accord-

ing to the omega-knowledge skeptic, non-trivial omega-knowledge is impossible. Even if I

omega-know that 2+ 2= 4 or that all bachelors are unmarried, I don’t omega-know what

year it is, whether I’m looking at a screen, or how many hands I have.1

The omega-knowledge anti-skeptic says otherwise: non-trivial omega-knowledge is

plentiful. Some of these anti-skeptics accept the “KK” principle, and so believe that non-

trivial omega-knowledge is exactly as plentiful as non-trivial first-order knowledge (which,

let’s assume, is plentiful).

But there is at least one omega-knowledge anti-skeptic who rejects the “KK” principle:

Simon Goldstein. According to Goldstein (2024, Ch.1), proper assertion requires omega-

knowledge, so we omega-know whatever we can properly assert. Since I can properly

assert that it’s 2025, that I’m looking at a screen, and that I have exactly two hands, I must

omega-know each of these things. So non-trivial omega-knowledge must be possible. More

generally, since proper assertion is plentiful, omega-knowledge is too.

Why does Goldstein think that omega-knowledge is necessary for proper assertion?

Here’s the rough idea. First-order knowledge seems necessary for proper assertion, as the

existence of such a norm neatly explains the infelicity of “Moorean conjunctions” like ‘p but

I don’t know that p’. You can’t know that p and that you don’t know that p, so, given the

first-order knowledge norm, you can’t assert it either. But such a norm by itself is powerless

to explain the infelicity of “dubious conjunctions” like ‘p but I don’t know whether I know

that p’, since, for all that’s been said, you can know both that p and that you don’t know

whether you know that p. But, crucially, you can’t know that you know this. So if there

were a second-order knowledge norm on assertion (‘Assert that p only if you know that you

know p’), then we’d be able to account for these dubious conjunctions too. However, we’d

still lack an explanation of dubious conjunctions at higher levels of iteration, like ‘p but for

all I know I don’t know whether I know that p’, since such claims are knowably knowable.

But, crucially, they’re not knowably knowably knowable! So perhaps what we really need

is a third-order knowledge norm on assertion. But then what about ‘p, but for all I know I

don’t know whether I don’t know whether I know that p’. . . ?

We have a vertiginous hierarchy of iterated dubious conjunctions. According to Gold-

stein (2024, pp.10-11), they are infelicitous at every order, and at no point is their in-

felicity due merely to difficulties in comprehension. If the norm on proper assertion is

omega-knowledge—knowledge at every order—then we cleanly predict that any such con-

struction is infelicitous. Anything less and it’s not clear we have a good story to tell. So,

Goldstein concludes, proper assertion requires omega-knowledge.2

1 I won’t rehearse the standard arguments for omega-knowledge skepticism. Interested readers can consult Gold-
stein’s (2024, Ch.1) helpful survey.

2 This style of argument has also been advanced by Sosa (2009), Cohen & Comesaña (2013), Greco (2014), Das
& Salow (2018), Dorst (2019), and Haziza (2022). For some existing criticisms, see Benton (2013), Williamson
(2013), and Mandelkern & Dorst (2022).
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That in turn sets up the argument for omega-knowledge anti-skepticism. Given that

omega-knowledge is the norm on assertion, if we’re omega-knowledge skeptics, then we

must also be assertion skeptics—people who think little of what we ever assert is properly

assertable. But, pace Unger (1975), assertion skepticism is untenable. So we should reject

omega-knowledge skepticism.3

I am an omega-knowledge skeptic. But I am not an assertion skeptic: I think much of

what we assert we assert properly. So I am committed to thinking that Goldstein’s assertion-

based argument for omega-knowledge anti-skepticism goes wrong somewhere.

I’m not exactly certain where the argument goes wrong—and, unfortunately, consider-

ations of space prevent me from engaging with this question in the detail it deserves. Still,

I am all but certain that Goldstein’s argument is unsound. The issue, in a nutshell, is that

the claim that proper assertion requires omega-knowledge plays rather badly with some

independently plausible principles about the relationship between knowledge, assertion,

and vagueness. I’ll present two arguments that bring out the tension: one that assumes

that vagueness entails ignorance, and one that doesn’t.

The first argument will establish that we can’t omega-know that it’s sometimes vague

what we omega-know. This is a problem for Goldstein, because if omega-knowledge is

possible (let alone quotidian, as he claims), then it’s clearly assertable that sometimes it’s

vague what we omega-know. But if it’s clearly assertable that it’s sometimes vague what

we omega-know, and yet we can’t omega-know that it’s sometimes vague what we omega-

know, then, pace Goldstein, it can’t be that omega-knowledge is necessary for assertion.

The second argument takes the form of a dilemma: either being in a position to assert

something entails being in a position to assert that one is in a position to assert it, or it

doesn’t. If it does, then we can’t assert that it’s sometimes vague what we’re in a position

to assert. But that looks like a problem, because it seems clear we can assert that sometimes

it’s vague what we’re in a position to assert. But if being in a position to assert something

doesn’t entail being in a position to assert that one is in a position to assert it, then the

principle that assertion requires omega-knowledge does essentially nothing to prevent the

proliferation of dubious assertions.

So, I conclude: the principle that assertion requires omega-knowledge is either false or

an idle wheel. Does this mean we should be omega-knowledge skeptics? Not necessarily.

But it does suggest that if we’re going to be omega-knowledge anti-skeptics, it shouldn’t be

on the basis of judgments about proper assertion.4

3 In fact, Goldstein (Ch.1) argues that we omega-know any p such that there is some act or state Φ such that:
(i) we properly Φ and (ii) there is a norm that says Φ-ing is proper only if p. (Assertion is just a special case
of this general rule, where the relevant norm is that the content of one’s assertion be true.) The argument
relies crucially on a “Norm Iteration” principle, which says that if you are permitted to Φ only if p, then you
are permitted to Φ only if you know that p. For the sake of concreteness I’ll only be focusing on Goldstein’s
assertion-based argument for anti-skepticism about omega-knowledge, but as far as I can tell my objections
apply just as well to the more general argument, suggesting that Norm Iteration cannot be true.

4 We’ll also see that considerations of vagueness set up a direct argument against the “KK” principle, thereby
cutting off that route to anti-skepticism as well.
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2 Background assumptions

Start with a paradigm case of vagueness. A glass starts out 100% full and is continuously

emptied to the point of being 0% full. At the start of the process, the glass is pretty full; by

the end, it’s not.5 When exactly does the glass stop being pretty full?

I have no idea how one is supposed to answer this question. It seems the best one can

do is say that it’s vague when the glass stops being pretty full.6 In fact, its being vague when

the glass stops being pretty full seems to be a perfectly good explanation of why we’re in

no position to say exactly when the glass stops being pretty full.

Though I will be making number of assumptions about the logic of vagueness (more on

which in a moment), I will not be presupposing any particular theory of vagueness in this

paper. I will be taking the notion as a primitive, understood by ostension to cases like the

one just described. And I will be understanding the notion of determinacy derivatively: for

it to be determinate that p is for it to be the case that: p and it’s not vague whether p.

With this in mind, here is some of the notation I’ll be using in what’s to come:

Vagueness

– ∇p := it is vague whether p.

– ∆p := p ∧¬∇p. (‘It is determinate that p’)

– ∆np := ∆ . . .∆
︸ ︷︷ ︸

n

p. (‘It is n-determinate that p’.)

– ∆∗p := p ∧∆p ∧∆∆p ∧ . . . :=∆ . . .∆
︸ ︷︷ ︸

∞

p. (‘It is omega-determinate that p’.)

Knowledge

– Kp := it is knowable that p.7

– ◊p := ¬K¬p. (‘For all that is knowable, p’.)

– Knp := K . . . K
︸ ︷︷ ︸

n

p. (‘It is n-knowable that p’.)

– K∗p := p ∧ Kp ∧ KKp ∧ . . . := K . . . K
︸ ︷︷ ︸

∞

p. (‘It is omega-knowable that p’.)

And here are some of the general assumptions about vagueness and knowledge I’ll be

employing throughout the paper:

• As implied by the notation just introduced, I will be assuming a propositional con-

ception of vagueness—i.e., that vagueness and determinacy are properties of propo-

sitions. Propositional vagueness is fairly controversial, so I’ll simply refer readers

5 Granted, saying that a glass that is 100% full is “pretty full” is a bit of an understatement. Those who find this
distracting are invited to read ‘pretty full’ as ‘at least pretty full’.

6 It’s probably also context-sensitive, with the interpretation of ‘pretty full’ being sensitive to the purposes of the
glass and its contents (inter alia), but I’ll suppress that in what follows.

7 In general my discussion will be centered on the somewhat abstract notion of knowability, which I intend to
be understood as a kind of “idealized” knowledge. This is to avoid annoying issues that arise from failures of
logical omniscience and the like. As a rough heuristic, the claim that p is knowable can be understood as the
claim that p could be known by a logically omniscient agent. But note that this gloss must be taken with a grain
of salt, since (inter alia) there may well be actually false propositions that are knowable in this sense (e.g., the
proposition that there is a logically omniscient agent). See Yli-Vakkuri & Hawthorne (2022) for a survey of some
of the issues here.
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to Bacon (2018) for a book-length defense of its coherence (and significance). As

far as I can tell, the paper’s central arguments could be run on the assumption that

vagueness and determinacy are properties of sentences, though the complexity of the

discussion would get out of hand very quickly.

• I will be assuming classical logic. This assumption is also fairly controversial in the

present setting. But (a) it’s plausible enough in its own right and (b) it would be sur-

prising if Goldstein’s assertion-theoretic argument for anti-skepticism about omega-

knowledge was implicitly committed to a rejection of classical logic. So I won’t be

saying more in its defense.

• I will be assuming that both∆ and K obey (at least) the normal modal logic KT, and

thus that:8

∆-CLOSURE: ∆(p→ q)→ (∆p→∆q)
∆-FACTIVITY: ∆p→ p

K-CLOSURE: K(p→ q)→ (Kp→ Kq)
K-FACTIVITY: Kp→ p

• I will be assuming that the classical conjunction introduction and elimination rules

extend to the infinitary case, so that from p1, p2, . . . one may infer p1 ∧ p2 . . ., and

from p1 ∧ p2 ∧ . . . one may infer p1, p2, . . . , and so on.

• I will be assuming that determinacy and knowledge both agglomerate over (infinite)

conjunctions:

∆-AGGLOMERATION: (∆p1 ∧∆p2 ∧ . . .)→∆(p1 ∧ p2 ∧ . . .)
K-AGGLOMERATION: (Kp1 ∧ Kp2 ∧ . . .)→ K(p1 ∧ p2 ∧ . . .)

Which, given our other assumptions, entails that both omega-determinacy and omega-

knowledge obey positive iteration principles:9

∆∗-POSITIVE: ∆∗p→∆∆∗p
K∗-POSITIVE: K∗p→ KK∗p

• I will be assuming that anything that is a logical truth is thereby both omega-determinate

and omega-knowable (where ■p := it is a logical truth that p):10

∆∗-NECESSITATION: ■p→∆∗p
K∗-NECESSITATION: ■p→ K∗p

8 Note that ∆-FACTIVITY follows from the definition of ‘∆’.
9 Proof of ∆∗-POSITIVE (taken from Bacon 2020, who cites Williamson 1994): Suppose ∆∗p. Then we have

p ∧∆p ∧∆∆p ∧ . . ., which in turn entails ∆p ∧∆∆p ∧ . . .. Given ∆-AGGLOMERATION, this entails ∆(p ∧∆p ∧
∆∆p ∧ . . .). And that’s just ∆∆∗p. The proof of K∗-POSITIVE is exactly analogous. (Goldstein himself accepts
K∗-POSITIVE on essentially these grounds.)

10 There are some, like Dorr (2010), who deny ∆∗-NECESSITATION. But for the purposes of this paper we needn’t
concern ourselves with such a perspective, since one who denies∆∗-NECESSITATION has independent reasons to
reject Goldstein’s views on omega-knowledge and assertion. To give a sense of the issue: if ∆∗-NECESSITATION

fails, then there is reason to think K∗-NECESSITATION fails (see note 14 below). But if K∗-NECESSITATION fails,
then this is bad news for Goldstein, since logical truths are assertable, if nothing else.
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• I will be assuming that each of the assumptions listed so far is itself a logical truth, at

least in the sense of ‘logical truth’ relevant to the intended interpretation of the NE-

CESSITATION principles. Thus, each of these assumptions is both omega-determinate

and omega-knowable.

Finally, since the main goal of this paper is to refute Goldstein’s principle connecting

assertion to omega-knowledge (where Ap := it is assertable that p)—

OMEGA ASSERTION: Ap→ K∗p

—I will be assuming it (for the purposes of a reductio) in what follows.11 With that we

may now proceed to the arguments.

3 Vagueness with ignorance

A widely held view in the philosophy of vagueness is that vagueness—or, really, a lack of

determinacy—entails ignorance:

IGNORANCE: ¬∆p→¬Kp

I will not be defending IGNORANCE at length here. It’s a dominant view in the literature,

and the arguments for and against it have been discussed in detail elsewhere.12 But the

intuitive motivation for it is simple. Consider the emptying glass. If I ask you whether you

know when the glass stops being pretty full, ‘No’ is a much more natural answer than ‘Yes’.

Relatedly, if you did know at what point the glass stops being pretty full, then what’s stop-

ping you from saying what it is?13 It’s just quite hard to see how, despite the appearances,

one could know at what exact percentage of fullness a glass stops being pretty full.

So I’m going to assume for now that IGNORANCE is true. I’m also going to assume the

following conditional: if IGNORANCE is true, then it’s assertable. Though there are some

who deny IGNORANCE, I don’t know anyone who has considered denying this claim. Given

OMEGA ASSERTION, the assumption that IGNORANCE is assertable entails that IGNORANCE is

omega-knowable.14

11 Note that I will not be assuming that OMEGA ASSERTION is a logical truth. The assumption of its truth is enough
for the reductio.

12 For arguments in favor of IGNORANCE, see, e.g., Sorensen (1988), Williamson (1994), Horwich (1997), Lee
(2016), and Bacon (2018, Ch.5). For arguments against IGNORANCE, see, e.g., Wright (2001), Dorr (2003),
and Barnett (2010).

13 Dorr (2003) argues that we can give a good answer to this question without invoking IGNORANCE—see note
28 below.

14 Note that a consequence of the omega-knowability of IGNORANCE is that a failure of omega-determinacy entails
a failure of omega-knowabillity:

OMEGA IGNORANCE: ¬∆∗p→¬K∗p

Proof: Suppose ¬∆∗p. Then, for some n, ¬∆np. So ¬∆∆n−1p. By IGNORANCE, this entails ¬K∆n−1p. So
◊¬∆n−1p. So ◊¬∆∆n−2p. But given that IGNORANCE is omega-known (and thus 2-known), this entails
◊¬K∆n−2p. And that’s just: ◊2¬∆n−2p. Continuing on, we eventually get to ◊n¬p, which is just ¬Knp.
And that entails ¬K∗p.

Apropos of note 10 above, it’s worth emphasizing that OMEGA IGNORANCE implies that if ∆∗-NECESSITATION

fails, then so does K∗-NECESSITATION. But if K∗-NECESSITATION fails, then some logical truths are not omega-
knowable. One who accepts both IGNORANCE and OMEGA ASSERTION thus has strong reasons to accept ∆∗-
NECESSITATION, since being a logical truth sure seems like it ought to suffice for being assertable.
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Now we have the materials to start raising some challenges to Goldstein’s views. I’ll

start with one that I think comes pretty close to begging the question, but that will serve

as an instructive warmup to the more serious problems.

Return to the case of the emptying glass, and consider the following principle: if it’s

determinately true that a glass that is x% full is pretty full, then it’s true that a glass that

is (x − 1)% full is pretty full. That is (where px := the proposition that a glass that is x%

full is pretty full):15

∆-MARGIN: ∆px → px−1

Though admittedly a bit abstract, this principle has quite a lot of initial appeal: how could

it be determinately true—and thus not vague—that a glass that is (say) 80% full is pretty

full, while a glass that is 79% full—only barely less full!—isn’t even pretty full? It’s natural

to expect a certain amount of gradualness in the cup’s transition from being determinately

pretty full to being not pretty full, with it spending at least some amount of time being

non-determinately pretty full before becoming (presumably non-determinately) not pretty

full.16

So let’s suppose∆-MARGIN is true. In fact, let’s suppose it’s assertable, as it seems to be

(at least assuming it’s actually true). Then, by OMEGA ASSERTION, it’s omega-knowable.

But notice that, given IGNORANCE, ∆-MARGIN entails a “margin for error” principle for

knowledge (cf. Williamson 2000):17

K-MARGIN: Kpx → px−1

Which itself must be both omega-knowable and omega-determinate, at least assuming that

both IGNORANCE and ∆-MARGIN are.

Finally, note that it’s clearly assertable that a glass that is 100% full is pretty full (p100)

and that a glass that is 0% full is not pretty full (¬p0). And so, given OMEGA ASSERTION,

both of these claims are omega-knowable too.

But now we’ve fallen into inconsistency (cf. Gómez-Torrente 1997, Zardini 2013b):18

1. K∗(Kpx → px−1) (IGNORANCE, ∆-MARGIN)

2. K∗p100 (Assumption)

3. K∗(Kp100→ p99) (1)

4. K∗Kp100→ K∗p99 (3)

5. K∗p100→ K∗p99 (4)

15 For discussion of principles like ∆-MARGIN, see, e.g., Williamson (1994), Gómez-Torrente (2002), and Zardini
(2013b).

16 In case it helps, one is invited to interpret the ‘1’ in ∆-MARGIN as (say) a basis point rather than a full percent.
Indeed, the relevant numbers can be made arbitrarily small, so long as they remain fixed. (Similar points apply
to the other principles I will be introducing throughout the paper.)

17 Proof: Suppose Kpx . By IGNORANCE, ∆px . So by ∆-MARGIN, px−1.
18 Here and below I sometimes justify a step of a proof by citing a principle (say IGNORANCE, or∆-MARGIN), when

in fact the relevant assumption is that the principle in question is omega-knowable (see, e.g., step 1 of this first
proof). Since my interest here is in showing that certain principles are not co-omega-knowable, I think this
slight sleight of hand is justified by considerations of presentational austerity.
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6. K∗p99 (2, 5)

7. K∗(Kp99→ p98) (1)

. . .

402. K∗p0 (398, 401)

403. K∗¬p0 (Assumption)

404. ¬K∗p0 (403)

405. ⊥ (402, 404)

Thus, as a matter of (classical) logic, at least one of the following four claims is not

omega-knowable:

• A glass that is 100% full is pretty full. (p100)

• A glass that is 0% full is not pretty full. (¬p0)

• Vagueness entails ignorance. (IGNORANCE)

• If it’s determinate that a glass that is x% full is pretty full, then a glass that is (x−1)%
full is pretty full. (∆-MARGIN)

Since p100 and ¬p0 look like logical truths, I’m going to set aside the prospects of rejecting

their omega-knowability.19 So it better be that at least one of IGNORANCE or ∆-MARGIN

isn’t omega-knowable. Given OMEGA ASSERTION, this means that at least one of these two

principles isn’t assertable.

This strikes me as something of a surprise, and so evidence against OMEGA ASSERTION.

Let’s set aside the prospects of denying the assertability of IGNORANCE for now (we’ll return

to it later). Is there a reasonably principled basis for denying that ∆-MARGIN is assertable?

Well, it doesn’t seem at all plausible that ∆-MARGIN might have the status of being an

unassertable truth, a la a Moorean conjunction like ‘p and I don’t know that p’. So it better

be that it’s false: it does not follow from the fact that it’s determinately the case that a glass

that is x% full is pretty full that a glass that is (x − 1)% full is pretty full.

And perhaps this needn’t be such a bitter pill to swallow. We motivated ∆-MARGIN

with a rhetorical question: how could it be determinately true that a glass that is 80%

full is pretty full, while a glass that is 79% full isn’t even pretty full? To the extent this

“argument” is persuasive, it’s presumably because it channels the following more general

thought: if we’ve got a sorites sequence for F -ness (e.g., being pretty full), then any two

adjacent members of that sequence are going to be extremely similar in the respects that

are relevant to whether they are F . And this in turn makes it hard to see how one member

could be determinately F while the next is ¬F . Better to think that the determinate Fs are

buffered by some non-determinate Fs, before getting to the ¬Fs (or so the thought goes).

19 The view that no proposition whatsoever is omega-knowable—omega-knowledge super-skepticism—is perfectly
coherent (see, e.g., Williamson 2002 for relevant discussion). But it’s obviously not a live option for someone
who endorses OMEGA ASSERTION, like Goldstein, since p100 and p0 are as assertable as anything can be.
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The good news for the proponent of OMEGA ASSERTION is that reflection on the logic

of omega-knowledge gives us independent reason to doubt that this general thought could

be correct. For consider the omega-knowledge analogue of ∆-MARGIN:

∆K∗-MARGIN: ∆K∗px → K∗px−1

Assuming you omega-know p100—which I’m happy to assume, and which the proponent of

OMEGA ASSERTION must assume—∆K∗-MARGIN cannot be correct. This is because it implies

that if you omega-know p100, then you omega-know p0 (which obviously you don’t). Why?

Because it follows from IGNORANCE and K∗-POSITIVE that, for any x , if you omega-know

px , then it’s determinate that you omega-know px .20 So if you omega-know p100 then it’s

determinate that you do. But if it’s determinate that you omega-know p100 then, by ∆K∗-

MARGIN, you omega-know p99. But if you omega-know p99 then it’s determinate that you

do, and so by ∆K∗-MARGIN you must omega-know p98. . . And so on and so forth until we

get to the absurd conclusion that (determinately!) you omega-know p0. So evidently the

determinate cases of omega-knowledge needn’t be buffered by non-determinate cases of

omega-knowledge, for in fact it is impossible for there to be any such cases.

Nonetheless, there are good reasons to believe that the boundaries of our omega-

knowledge are vague. This is especially so if one is an omega-knowledge anti-skeptic

(like Goldstein), since it is trivial to construct sorites-sequences for the kinds of epistemic

states the anti-skeptic takes to constitute omega-knowledge. For example: if I’m in normal

conditions looking at what is in fact a 100-foot tall tree, then if I have non-trivial omega-

knowledge of anything, I omega-know that the tree is at least 10-feet tall. But suppose the

trunk of the tree is put into a massive wood-chipper, which slowly grinds the tree to dust.

At some point I’ll stop omega-knowing that the tree is at least 10-feet tall. But when exactly

does this happen? It can’t be the exact moment the tree stops being less than 10-feet tall,

since (a) my eyesight is nowhere near good enough to mark that transition and (b), even

if it were, there is vagueness in how tall the tree is (inter alia). So surely it’s vague when I

stop omega-knowing that the tree is at least 10-feet tall.

But even the omega-knowledge skeptic should think that the boundaries of our omega-

knowledge are vague, for this is exactly what is suggested by the case of the emptying

glass. You omega-know p100. You don’t omega-know p0. So what is the smallest x such

that you omega-know px? Once again there seem to be the kind of barriers to answering

this question that are distinctive of vagueness. And in this case the barriers have nothing to

do with the inexactitude of perception: for any x , it’s a purely conceptual matter whether

a glass that is x% full is pretty full.21

So: omega-knowledge is vague, because sorites-susceptible. Yet ∆K∗-MARGIN is false.

So the most straightforward argument for ∆-MARGIN doesn’t work, since it can’t be a con-

20 Proof: Suppose K∗px . Then KK∗px , by K∗-POSITIVE. But this entails ∆K∗px , given IGNORANCE.
21 One could resist this argument by insisting that, determinately, there is exactly one value of x such that it’s

omega-knowable that px : x = 100. But (a) this isn’t an option for proponents of OMEGA ASSERTION, since p99
is clearly assertable. And (b) it seems independently implausible: if it’s (determinately) omega-knowable that
a glass that is completely full is pretty full, then surely it’s also omega-knowable that a glass that is just barely
less than completely full is pretty full.

(One could also resist the argument by insisting that nothing whatsoever is omega-knowable. But for the
reasons given in note 19, this response is dialectically irrelevant.)
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ceptual truth about vagueness that determinate Fs are never adjacent to ¬Fs in sorites-

sequences for F -ness. This is good news for the proponent of OMEGA ASSERTION, since we

know from above that if OMEGA ASSERTION is true, then at least one of IGNORANCE and

∆-MARGIN must be false. And now there is a path for laying the blame on ∆-MARGIN.

But the bad news for the proponent of OMEGA ASSERTION is that omega-knowledge

is vague.22 For even if this doesn’t imply ∆K∗-MARGIN, it most certainly seems to imply

∆K∗-GAP:

∆K∗-GAP: ∆K∗px →¬∆¬K∗px−1

∆K∗-MARGIN says that a single percentage of fullness can’t mark the difference between the

determinate presence of omega-knowledge and the absence of omega-knowledge. ∆K∗-

GAP, by contrast, says that a single percentage of fullness can’t mark the difference between

the determinate presence of omega-knowledge and the determinate absence of omega-

knowledge. ∆K∗-GAP is thus strictly weaker than ∆K∗-MARGIN. And unlike ∆K∗-MARGIN,

∆K∗-GAP strikes me as basically non-negotiable: if ∆K∗-GAP were false, then the question

‘At what percentage of fullness do you stop omega-knowing that the glass is pretty full?’

would have a determinate answer. But it seems obviously not to have a determinate answer,

since the matter seems to bear all the ordinary hallmarks of vagueness.23,24

22 Does denying ∆K∗-MARGIN commit one to denying the vagueness of omega-knowledge? Not by itself. (Here
my discussion borrows heavily from Bacon 2020.) If we thought omega-knowledge was negatively introspec-
tive—i.e.:

K∗-NEGATIVE: ¬K∗p→ K¬K∗p

—then we’d have a problem. For we know that ∇K∗px entails ¬∆K∗px , which in turn entails ¬K∗px . So if
K∗-NEGATIVE were true, then ∇K∗px would entail K¬K∗px . But given IGNORANCE, that would entail ∆¬K∗px ,
contradicting ∇K∗px . So if nothing else, we have to reject K∗-NEGATIVE. And really this shouldn’t be so
surprising: if K∗-POSITIVE and K∗-NEGATIVE were both true, then for any x you’d be in a position to know
whether you omega-know px . And that’s simply incompatible with there being an x such that it’s vague whether
you omega-know px —at least given IGNORANCE.

But even with K∗-NEGATIVE set aside, the kind of vagueness exhibited by omega-knowledge (in the context of
IGNORANCE) is a bit peculiar. Again, we just established that if it’s vague whether you omega-know something,
then you don’t omega-know it. This doesn’t mean that it’s not vague what you omega-know. But it does mean
that there are no positive borderline cases of omega-knowledge—i.e., cases where you in fact have omega-
knowledge, just not determinately so. So the vagueness in what you omega-know is always due to the existence
of negative borderline cases—i.e., cases where you in fact don’t have omega-knowledge, but not determinately
so. This asymmetry is surprising. Relatedly, since there are never any positive borderline cases of omega-
knowledge, you can’t ever know that it’s vague whether you omega-know a particular proposition. After all,
given that you know IGNORANCE (and K∗-POSITIVE), you know that if it’s vague whether you omega-know p,
then you don’t omega-know p. So if you know that it’s vague whether you omega-know p, then you know
that you don’t omega-know p. But if you know that you don’t omega-know p, then, by IGNORANCE, it’s not
vague whether you omega-know p. It follows, then, that you can’t ever identify any borderline cases of omega-
knowledge, since if they were identifiable as such they wouldn’t be borderline (cf. Sorensen 1987). This too is
surprising.

23 Though see note 21.
24∆K∗-GAP is so-called because of its resemblance to the “gap” principles discussed in the literature on higher-

order vagueness—see, e.g., Wright (1992), Fara (2003), Zardini (2006, 2013a), Fine (2008), Asher et al.
(2009), Bacon (2020). These principles are meant to capture the plausible idea that there is vagueness at
every order. Applied to the case of the emptying glass, the thought is that it’s not just vague when the glass
stops being pretty full, but vague when it stops being determinate that the glass is pretty full, vague when it
stops being determinately determinate that the glass is pretty full, and so on—i.e.:

∆i -GAP: ∀i ∈ N(∆∆i px →¬∆¬∆i px−1)

Given standard assumptions about the logic of determinacy (of the kind we made in §2), it can be shown that
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By extension, if it’s assertable that it’s vague when you stop omega-knowing that the

glass is pretty full, then∆K∗-GAP is assertable. Since the former claim is clearly assertable,

so is ∆K∗-GAP. And once again, it’s clearly assertable that at the start of the process the

glass is pretty full (p100) and that at the end of the process, the glass is not pretty full (¬p0).

So, continuing to assume IGNORANCE is assertable, it follows from OMEGA ASSERTION that

p100, ¬p0, IGNORANCE, and ∆K∗-GAP are all omega-knowable.

But now we have once again fallen into inconsistency:25

1. K∗(∆K∗px →¬∆¬K∗px−1) (∆K∗-GAP)

2. ∆K∗p100→¬∆¬K∗p99 (1)

3. K∗p100 (Assumption)

4. ∆K∗p100 (K∗-POSITIVE, IGNORANCE, 3)

5. ¬∆¬K∗p99 (2, 4)

6. ¬K¬K∗p99 (5, IGNORANCE)

7. ◊K∗p99 (6)

8. ◊∆K∗p99 (K∗-POSITIVE, IGNORANCE, 7)

9. ◊∆K∗p99 ∧ K∗(∆K∗p99→¬∆¬K∗p98) (1, 8)

10. ◊[∆K∗p99 ∧ (∆K∗p99→¬∆¬K∗p98)] (9)

11. ◊¬∆¬K∗p98 (10)

12. ◊¬K¬K∗p98 (11, IGNORANCE)

13. ◊◊K∗p98 (12)

. . .

601. ◊100K∗p0

602. K∗¬p0 (Assumption)

603. K100K∗¬p0 (602, K∗-POSITIVE)

∆i -GAP cannot be omega-determinate (Fara 2003, Zardini 2006, 2013a). But as Bacon (2020, §8) points out,
this is compatible with the claim that ∆i -GAP could be giga-determinate (i.e., n-determinate, for some large
n)—which perhaps is enough to account for its appeal.

For the purposes of this paper, we need not take a stand on the status of ∆i -GAP (true? determinate? giga-
determinate?), since it’s compatible with my main arguments that there is no such thing as higher-order vague-
ness (i.e., that for any p and i: ∆i∇p ∨∆i¬∇p). But there is a certain dialectical symmetry between ∆i -GAP

and ∆K∗-GAP that is worth drawing attention to. In particular, we will soon see that if IGNORANCE is omega-
knowable, then ∆K∗-GAP cannot be. But it could well be that ∆K∗-GAP is giga-knowable. So one who is
warmed up to accepting that ∆i -GAP is giga-determinate but not omega-determinate may be in a reasonable
place to make their peace with the idea that ∆K∗-GAP is giga-knowable despite not being omega-knowable.

25 This argument is structurally very similar to Zardini’s (2013a, §4) “higher-order sorites paradox”, which estab-
lishes that the omega-determinacy of ∆i -GAP is incompatible with the omega-determinacy of p100 ∧ ¬p0 (see
note 24).
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604. K100¬K∗p0 (603)

605. ¬◊100K∗p0 (604)

606. ⊥ (601, 605)

Thus, as a matter of (classical) logic, at least one of the following four propositions is

not omega-knowable:

• A glass that is completely full is pretty full. (p100)

• A glass that is completely empty is not pretty full. (¬p0)

• Vagueness entails ignorance. (IGNORANCE)

• It’s vague when you stop omega-knowing that the glass is pretty full. (∆K∗-GAP)

As before, I’m going to set the aside the prospects of rejecting the omega-knowability of p100

or ¬p0. So it’s got to be that at least one of IGNORANCE or∆K∗-GAP is not omega-knowable.

Which is it?

This is a live question not just for omega-knowledge anti-skeptics like Goldstein, but for

anyone who accepts the assumptions about determinacy and knowledge outlined in §2. I

myself am not exactly sure of its answer. If forced to say, I’d probably go with: IGNORANCE

is omega-knowable while ∆K∗-GAP is not.

But thankfully I’m not forced to say. For the purposes of this paper, it actually doesn’t

matter what the answer to this question is, since the fact that at least one of these two

principles is not omega-knowable is enough to establish that OMEGA ASSERTION cannot

be true. The simple version of the argument is this: IGNORANCE and ∆K∗-GAP are both

assertable; IGNORANCE and ∆K∗-GAP are not both omega-knowable; so OMEGA ASSERTION

is false. Here’s the slightly more sophisticated version: IGNORANCE and ∆K∗-GAP are both

assertable if true; IGNORANCE and ∆K∗-GAP are both true; IGNORANCE and ∆K∗-GAP are

not both omega-knowable; so OMEGA ASSERTION is false.

Why think that IGNORANCE and ∆K∗-GAP are both assertable if true? Because it would

be utterly mysterious why IGNORANCE and ∆K∗-GAP should behave like Moorean conjunc-

tions: propositions that might well be true, but that are by their very nature unassertable.

After all, the considerations that tell in favor of these principles are entirely open to view.

In the case of IGNORANCE, it’s the simple observation that when it’s vague whether p, it

seems impossible to know whether p. In the case of ∆K∗-GAP, it’s the simple observation

that we seem to be able to construct sorites-sequences for omega-knowledge. Perhaps these

observations are misleading, or don’t actually imply the corresponding principles. But I see

no room for either principle to have the status of an unassertable truth.

Thus, supposing IGNORANCE and ∆K∗-GAP are both true—as they seem to be!—then

we have an assertable proposition of the form ‘p, but it’s not omega-knowable that p’. I

will assert it now: IGNORANCE and ∆K∗-GAP are both true, but it’s not omega-knowable

that IGNORANCE and∆K∗-GAP are both true. By extension, if IGNORANCE and∆K∗-GAP are

both true, then OMEGA ASSERTION is false.
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In a similar vein, if we make the standard assumption that only that which is knowable

is assertable (Ap→ Kp), then this argument also refutes the “KK” principle:

KK: Kp→ KKp

After all, if p100, ¬p0, IGNORANCE, and ∆K∗-GAP are all assertable, then they’re all know-

able. But given KK, if they’re all knowable they’re all omega-knowable. They’re not all

omega-knowable, so KK is false.

Here is where this leaves us. Anyone who accepts OMEGA ASSERTION (or KK) is com-

mitted to thinking that at least one of IGNORANCE or ∆K∗-GAP is simply not true (and thus

neither assertable nor omega-knowable). For the reasons given earlier, the prospects of

rejecting ∆K∗-GAP strike me as quite grim—especially if one is an omega-knowledge anti-

skeptic, like Goldstein. So IGNORANCE will have to be what goes. The next section of the

paper will explore the prospects of this line.26

4 Vagueness without ignorance

Supposing IGNORANCE is false, then we are no longer forced to say that we can’t omega-

know that it’s vague when we stop omega-knowing that the glass is pretty full. This is

good news for the proponent of OMEGA ASSERTION, since clearly we can assert that it’s

vague when we stop omega-knowing that the glass is pretty full.

But as it turns out, whether or not IGNORANCE is true, considerations of vagueness still

present a challenge for the proponent of OMEGA ASSERTION. The core reason why is that,

as far as the various principles we’ve considered so far in this paper go, there’s very little

that separates assertion from knowledge. In particular, all of the main assumptions about

the logic of knowledge outlined in §2 are just as plausible as assumptions about the logic

of assertion:

A∗p := p ∧ Ap ∧ AAp ∧ . . . := A . . . A
︸ ︷︷ ︸

∞

p. (‘It is omega-assertable that p’.)

A-CLOSURE: A(p→ q)→ (Ap→ Aq)
A-FACTIVITY: Ap→ p

A-AGGLOMERATION: (Ap1 ∧ Ap2 ∧ . . .)→ A(p1 ∧ p2 ∧ . . .)

26 I should mention that there is a strictly simpler version of this section’s main argument—which I explore in
more detail in some work in progress (n.d.)—that does not have IGNORANCE as a premise. This argument
establishes that one of the following three propositions is not omega-knowable: (i) p100; (ii) ¬p0; and (iii) that
you don’t know when you stop omega-knowing that the glass is pretty full, i.e.:

HIDDEN: KK∗px →¬K¬K∗px−1

(Note that HIDDEN is just ∆K∗-GAP with the ‘∆’ interpreted as K .)

Though I find HIDDEN independently plausible—especially so conditional on omega-knowledge anti-
skepticism—my sense is that the best case for it rests on the conjunction of IGNORANCE and ∆K∗-GAP. Indeed,
one who denies IGNORANCE has a fairly principled explanation of why we can’t say when we stop omega-
knowing when the glass is pretty full, despite the (purported) fact that we do know when we stop omega-
knowing that the glass is pretty full. And that explanation is that it’s vague when we stop omega-knowing
when the glass is pretty full, and vagueness is a barrier to assertion (even if not knowledge)—cf. note 28
below.
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A∗-POSITIVE: A∗p→ AA∗p

A∗-NECESSITATION: ■p→ A∗p

Relatedly, even if we’re willing to deny that vagueness is a barrier to knowledge, it

seems considerably more difficult to deny that vagueness is a barrier to assertion:

SILENCE: ¬∆p→¬Ap

And this is because if we know anything about vagueness, we know that when it’s vague

whether p, there’s something problematic about going around asserting p without qual-

ification. Someone who sincerely and confidently answers ‘Yes’ or ‘No’ to every possible

question of the form ‘Is a glass that is x% pretty full?’ clearly understands at least one of

the words in the question other than how we do. So I’ll be taking for granted that SILENCE is

true in what follows.27 In fact, I’ll be taking for granted that it is assertable, as it obviously

seems to be assertable if true.28

Now consider the following iteration principle for assertion:

AA: Ap→ AAp

AA says that if p is assertable, then it’s assertable that p is assertable, assertable that it’s

assertable that p is assertable, and so on ad infinitum. Thus, AA implies that assertability

entails omega-assertability (Ap → A∗p). And by the definition of omega-assertion, the

reverse direction holds as well: omega-assertability entails assertability (A∗p → Ap). So

as far as AA is concerned, there is no distinguishing assertability and omega-assertability

(Ap↔ A∗p).

For reasons we will see in more detail shortly, the proponent of OMEGA ASSERTION faces

strong pressure to accept not just that AA is true, but that it is assertable, since: (i) the

considerations that tell in favor of OMEGA ASSERTION are essentially the same as those that

tell in favor of AA; and (ii) the considerations that tell in favor of OMEGA ASSERTION tell

in favor of its being assertable (theorists like Goldstein are happy to go around asserting

OMEGA ASSERTION, after all). But I will now argue that AA cannot be true if SILENCE is

assertable, for reasons exactly analogous to the reason OMEGA ASSERTION cannot be true if

IGNORANCE is assertable.
27 There are some theorists of vagueness who may be inclined to reject principles like SILENCE. I say ‘may’ and

‘like’ because there are delicate hermeneutical issues here, especially in light of my propositional conceptions
of vagueness and assertion. But anyway: “contextualists” about vagueness might say that when the sentence
p is vague, there will be some contexts in which one may permissibly utter p and some contexts in which one
may not permissibly utter p, and that it’s (at least sometimes) the speaker’s discretion which context they are
“in”, and thus whether they may permissibly utter p (for discussion, see, e.g., Kamp 1981, Raffman 1994, 1996,
Barker 2002, Shapiro 2006, and Carter forthcoming). My sense is that contextualists of this sort ought not be
hostile to SILENCE, though I lack the space to explore the matter further. “Dialetheists”’ about vagueness, on
the other hand, are likely to be more straightforwardly hostile to SILENCE. And this is because certain versions
of the view lend support to the idea that when the sentence p is vague, speakers may permissibly utter ⌜p∧¬p⌝
(for discussion, see, e.g., Priest 1979, 2010, Hyde 1997, Ripley 2011, 2012, Cobreros et al. 2012, Weber et al.
2014). I won’t be engaging with such views here, since I’d be happy if one of the lessons of the paper is that
the proponent of OMEGA ASSERTION ought to be a dialetheist.

28 Interestingly, Dorr (2003) appeals to SILENCE to explain away some of the evidence for IGNORANCE. According
to Dorr, if it’s not determinate that p, then it’s not determinate that you know that p. Given SILENCE, then,
we have a natural explanation of our reluctance to answer affirmatively when asked, of some borderline p,
whether we know that p is true.
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Assertability is as vague as anything else. Consider again the emptying glass. You can

assert p100; you can’t assert p0. So at some point you go from being able to assert that the

glass is pretty full to not being able to assert it. But it is vague when this transition occurs.

So for no x is it determinate that: you may assert px but may not assert px−1. Thus we

have a (first-order)-assertion-theoretic version of the previous section’s ∆K∗-GAP:

∆A-GAP: ∆Apx →¬∆¬Apx−1

Clearly ∆A-GAP is assertable. Thus, given AA, it is omega-assertable. But supposing AA is

determinately true—as it must be if it’s assertable—then∆A-GAP entails the corresponding

principle about omega-assertion (which is itself must be omega-assertable if ∆A-GAP is):29

∆A∗-GAP: ∆A∗px →¬∆¬A∗px−1

Thus: if it’s determinate that anything that is assertable is omega-assertable, then if it’s

vague when you stop being able to assert that the glass is pretty full, it’s vague when you

stop being able to omega-assert that the glass is pretty full.

But now we can run an argument—exactly analogous to the 606-step one given in the

previous section—for the conclusion that at least one of the following four claims is not

omega-assertable:30

• A glass that is completely full is pretty full. (p100)

• A glass that is completely empty is not pretty full. (¬p0)

• Vagueness entails unassertability. (SILENCE)

• It’s vague when you stop being able to omega-assert that the glass is pretty full.

(∆A∗-GAP)

Since all of these claims are omega-assertable if AA is determinately true, it can’t be that

AA is determinately true. And since it is clear that if AA is true, it’s determinately true, it

must be that AA is false.31

So much the worse for AA. What does any of this have to do with Goldstein’s OMEGA

ASSERTION? Well, consider the proposition: p ∧ ¬Ap. Given A-CLOSURE and A-FACTIVITY,

this proposition is not assertable, since Ap ∧ A¬Ap is inconsistent. But now consider its

“dubious” analogue: p ∧ ¬AAp. For all we’ve said, this second proposition is assertable,

since there is no inconsistency in Ap ∧ A¬AAp. So suppose the proposition that Queen

Elizabeth died in 1603 is such that you can assert it, but you can’t assert that you can assert

29 Proof: Suppose ∆A∗px . Then ∆Apx , by A-FACTIVITY. So ¬∆¬Apx−1, by ∆A-GAP. But ∆(¬A∗px−1 → ¬Apx−1),
given that AA is determinate. So by ∆-CLOSURE, we get ∆¬A∗px−1→∆¬Apx−1. Taking the contrapositive, we
have: ¬∆¬Apx−1→¬∆¬A∗px−1. And thus ¬∆¬A∗px−1.

30 To run the argument, just uniformly replace the ‘K ’s with ‘A’s, and interpret ‘◊’ as ‘¬A¬’. It then proceeds
in exactly the same form, with A∗-POSITIVE, SILENCE, and ∆A∗-GAP in place of K∗-POSITIVE, IGNORANCE, and
∆K∗-GAP, respectively.

31 Note that if AA is false, then if we accept OMEGA ASSERTION, we have to reject the converse of OMEGA ASSER-
TION—i.e., the thesis that omega-knowledge suffices for assertability (K∗p→ Ap)—since otherwise we’d have
AA. (Proof: Suppose Ap. Then K∗p, by OMEGA ASSERTION. But that’s equivalent to K∗K∗p, by K∗-POSITIVE.
That gets you K∗Ap, by one application of the converse of OMEGA ASSERTION. A second application gets you
AAp.)
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it. And suppose that our notion of assertability can be expressed in natural language with

ordinary expressions like ‘can say that’ or ‘can tell you that’.32 Then although you can’t say:

✗ Queen Elizabeth died in 1603, but I can’t say that Queen Elizabeth died in 1603.

nothing we have considered so far would stop you from saying:

✗ Queen Elizabeth died in 1603, but I can’t say whether I can say that Queen

Elizabeth died in 1603.

or:

✗ Queen Elizabeth died in 1603, but I can’t tell you whether I can say whether I

can say that Queen Elizabeth died in 1603.

But to my ears, these speeches are exactly as repugnant as the “dubious conjunctions”

Goldstein uses to motivate OMEGA ASSERTION, e.g.:

✗ Queen Elizabeth died in 1603, but I don’t know whether I know that Queen

Elizabeth died in 1603.

✗ Queen Elizabeth died in 1603, but I don’t know whether I know whether I know

that Queen Elizabeth died in 1603.

Note too that similar points go for discourse:

[Goldstein’s discourse (p. 11)]:
A: When did Queen Elizabeth die?

B: She died in 1603.

A: How do you know you know that?

B: I didn’t say I know I know it.

A: So you’re saying you don’t know you know when Queen Elizabeth died?

B: I’m not saying that either. I’m saying she died in 1603. Maybe I know that

I know she died in 1603, maybe I don’t. Honestly, I’ve got no idea. But you

didn’t ask me about what I know I know, did you? You just asked when she

died.

. . .

[Parody discourse]:
A: When did Queen Elizabeth die?

32 Admittedly, the philosopher’s notion of assertability is semi-technical, and it’s not obvious there’s any natural
language construction that latches onto it perfectly. But English sentences like ‘I’m not in a position to tell you
that p’ and ‘It wouldn’t be fair to say that p’ seem to express something very close to what we might express
with the philosopher’s-English sentence ‘I am not permitted to assert p’. Or at least this is true in the right
conversational settings. If I have strong prudential reasons not to say whether p (impropriety, illegality, what
have you), then I might speak truly in saying ‘I can’t tell you whether p’, even if it’s abundantly clear that p
is assertable in the sense of ‘is assertable’ of interest to philosophers. But if we control for these factors and
consider a situation in which my only goal is to be informative, then a speech like ‘I can’t tell you whether
p’ seems to express exactly what we would express by ‘Neither p nor ¬p is assertable’. I thus submit that, in
such settings, judgments about natural language sentences involving phrases like ‘can say that’ and ‘can tell
you that’ provide strong evidence about the nature and norms of the semi-technical notion of assertion. And
we can easily anchor ourselves into such a setting for the purposes of this paper.
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B: She died in 1603.

A: How can you say whether you are able to tell me that?

B: I didn’t say I can say whether I am able to tell you that.

A: So you’re saying you can’t say whether you are able to tell me when Queen

Elizabeth died?

B: I’m not saying that either. I’m saying she died in 1603. Maybe I can say that

I am able to tell you whether she died in 1603, maybe I can’t. Honestly, I’ve

got no idea. But you didn’t ask me about what I can say I can tell you, did you?

You just asked when she died.

The second discourse sounds no more coherent the first. The lesson Goldstein draws from

the first is that assertion requires omega-knowledge. The lesson we’d seemingly have to

draw from the second is that assertion requires omega-assertability.33 But we know from

the argument above that we can’t draw that lesson, since if we did draw it, then there would

be an assertable proposition of the form ‘p, but it’s not omega-assertable that p’—namely:

p100, ¬p0, SILENCE, and ∆A-GAP are all true, but it’s not omega-assertable that p100, ¬p0,

SILENCE, and ∆A-GAP are all true.34 And no such proposition is omega-assertable.

So we need some other account of what’s going on with the second discourse—an

account that will allow us to explain why speeches like ‘Queen Elizabeth died in 1603,

but I can’t say whether I can say that Queen Elizabeth died in 1603’ sound bad, despite in

principle being assertable.

Finding such an account is no easy task. To give a sense of the issues, note that it

won’t work to insist merely that Ap → ¬A¬AAp, since this principle does nothing to rule

out higher-order iterations of the relevant dubious assertions, like p ∧¬AAAp. To cover all

such higher-order iterations, we would need a principle along the lines of:35

FRAGILE ASSERTION: Ap→¬A¬A∗p

But FRAGILE ASSERTION is problematic too, for reasons related to the argument from ∆A∗-

GAP. Again, that argument establishes that it’s a logical truth at least one of p100, ¬p0,

SILENCE, and ∆A∗-GAP is not omega-assertable. Since logical truths are assertable, it’s

assertable that at least one of p100, ¬p0, SILENCE, and ∆A∗-GAP is not omega-assertable.

Thus, by A-AGGLOMERATION and A-CLOSURE, it’s assertable that the conjunction of p100,

¬p0, SILENCE, and ∆A∗-GAP is not omega-assertable. But given (the contrapositive of)

FRAGILE ASSERTION, this entails that the conjunction of p100, ¬p0, SILENCE, and ∆A∗-GAP

is not assertable, and thus (again by A-AGGLOMERATION and A-CLOSURE) that one of the

33 I’m suppressing some dialectical subtleties here. It’s one thing to allow that Ap ∧ ¬AAp; it’s another to allow
that A(p∧¬AAp). And perhaps proponents of OMEGA ASSERTION can try to find some way of blocking the path
from the former to the latter, without invoking the problematic AA. But note that there is an exactly parallel
dialectical situation with respect to Goldstein’s original argument for OMEGA ASSERTION: it’s one thing to allow
that p ∧ ¬KKp; it’s quite another to allow that A(p ∧ ¬KKp). OMEGA ASSERTION is one way of blocking this
latter path, but it need not be the only way. In fact, the proponent of OMEGA ASSERTION faces a residual worry
here: whatever principle is invoked to block the path from Ap ∧¬AAp to A(p ∧¬AAp) may well block the path
from p ∧¬KKp to A(p ∧¬KKp), thereby undercutting the abductive case for OMEGA ASSERTION.

34 Again, if AA is determinately true, then the assertability of ∆A-GAP entails the omega-assertability of ∆A∗-GAP.
35 So-called because of its resemblance to Goldstein’s (2024, Ch.3) “Fragility” principle, which says Kp →
¬K¬K∗p.
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conjuncts is not assertable. Since p100, ¬p0, and SILENCE are all clearly assertable, it must

be that ∆A∗-GAP is not assertable. I don’t see any reasonable path toward the conclusion

that ∆A∗-GAP is an unassertable truth, so it must be that ∆A∗-GAP is false. But if ∆A∗-

GAP is false, then for some px , ∆A∗px ∧∆¬A∗px−1. But what could this px possibly be?

And whatever it is, given that we’re committed to ∆¬A∗px−1, it’s hard to see there being

any principled grounds for resisting the conclusion that A¬A∗px−1—which, given FRAGILE

ASSERTION, would in turn imply ¬Apx−1. So px better not be p100, lest we find ourselves

on a path to the absurd conclusion that p99 is not assertable. But if px is something other

than p100, then it becomes especially difficult to see how it could be determinate what it is.

In light of these challenges, I submit that dubious assertions are everyone’s problem, not

just the omega-knowledge skeptic’s. Moreover, whatever the final story of their infelicity

turns out to be, we have good reason to think that OMEGA ASSERTION will play no role in

it. After all, if IGNORANCE is true, then OMEGA ASSERTION is false, and so irrelevant. But

if IGNORANCE is false, then omega-knowledge just has very little to do with the question

of whether p is assertable, since omega-knowing that p is compatible with p’s being vague

and thus, by SILENCE, unassertable. It is thus hard to resist the conclusion that OMEGA

ASSERTION is either false or an idle wheel.

Does this mean we should be omega-knowledge skeptics? Not necessarily. Omega-

knowledge anti-skepticism is in principle compatible with both the truth and falsity of IG-

NORANCE.36 But the results of this paper suggest that however we get to omega-knowledge

anti-skepticism, it won’t be by reflection on what is or is not assertable. Such matters are

too vague.

36 Though again: if IGNORANCE is omega-knowable, then the omega-knowledge anti-skeptic is all but forced to
reject KK, and is plain old forced to reject that claim that either ∆-MARGIN or ∆K∗-GAP is omega-knowable.
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